ABSTRACT. Let / be an ideal of a quasi-local ring. In this note
we consider the question of how small-in terms of numbers of generators-the powers of the ideal / can be.
In this note all rings are commutative with identity. If / is an ideal of a ring, v(l) denotes the minimal number, which may be infinite, of generators of /. Proof. /'+1 = 1JKR = JIKR C ]ll = J2KR.
It is an immediate consequence of Lemma 2 that if some power /' of an ideal ' is finitely generated then so is every higher power. Since / is generated by sums of monomials of degree t in elements of /, take / to be the ideal generated by all the elements of / which appear in the monomials in such a generating set. Then / is a finitely generated ideal contained in /, /' = /' and, by Lemma 2, lt+k = ]t+k for k > 0.
If an element x in / appears in ; monomials in some minimal generating set for /' we will say that /' has an overlap of length j. It follows from Corollary. Let A be a quasi-local ring and I an ideal such that for some t > 1, v(l') = 2. Then v(lt+k) < 2 for all k>0.
Proof. By Lemma 2 we may assume that / is finitely generated. 
